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1 Metrics on classical Teichmuller space

let s be a closed connected oriented surface genus

97,2

The Teichmaller space TCS E Hom 74 s PSLAR toany

is a

connectedompont
consisting of discrete faithful representations

It 1 7157 2 4 hyperbolic metrics to on S In
01 V82 if 4 differ isotopictoid

441 92

TIS I pp
69 6

homes

Two interestry metrics on TCS






































































































































a Thurston's Riemannian metric

consider on closed geodesics Xp ETCS

becomes equi
distributed

Sr
weaka

ME Liouvillemeasure

I

Define the intersetionnumber Il Po Pa Po Piet's

laterICPo.fi Is It giveanother
interpretation

Thurston s Riemannian metric for Pt E TIS

L B TTS X TTS Mao
Po Po

112PM p
Po 25 ICA Pt

RI 7hm Wolpert Thurston's Riemannian metric

Weil Petersson metric






































































































































b Thurston's finster metric distance function

din TIS X TIS Ry

supdeb Po Pi 108
Jews

is a Finster metric on MS

Ronk

1 one is using equidistributed curves

The other is Supreme curves

deal is asymmetric I Po p dehIpo Pal dehk.to
2

Higher Teichmaller spaces

Replacing pslear by general Lie grp G a higher

Eichman is a
connected component of Hamas ay

consisting of discrete and faithful reps






































































































































example Ge adjointgrpof split real lie gap leg Gipson D

This is called the Hitchincmponnts

When G Blank denote as 711s E Home41s Blinky

Rd 1 Hug I 1244029
2

homes

HIS TIS

when n 2 TIS E Huls embedded copy ofTls
P f Rop

2 54am sunny irreducible reps

This copy of 715 is called the Fuchsiantoy in Hn's

2 Mn's are expectedto parametrize geometric structures

3 7131s parametrizes convex real projective structures

RI z other types of higher Teich spaces

when G Hertimitian tie grip these are maximal
representations






































































































































Metrics on higher Teich spaces

First Introduce lending and entropy

For PE Mncs consider lift of play in
Slam

List 41018 Npr alert in s order

moduli of eigenvalues

410 log g 1 st simple not

y
10841Pa spectralradius

4 length

let

her 1
44329414in

gexponential
4 length

topological entropy of Pe Mncs
be the

To generalize Thurston Riemannian metre c Jp on Ts






































































































































ThyC Bridgeman Canary Labourie Samban'no 2018

let ATE Hats let Rik 8 Gals II Ir ET

Define the Intrationnumber

µ

similar to

I equi
distributed

IIP Pt Lim Frias
are
É curves

and link to

BowenMargulis

measure

Then C Yp Thn's x Tha's IR

112 81 11 ca to 191PaPt Mfg
Variation along4Pa

is a Riemannian metic called the ftp.ressuremetwe

To generalize
Thurston's Finster metric on TS




















ThyC Carvajales D Pozzetti Wienhard 2023

def 7118 7418 Mao

della Pa log sup iffy huff
JETS

is a Finster metric on Mncs

metican

Ideaof pfs

peans
construct fl 414 A up

9

unit L
forP

Periods of do are 1118 associated treats

Reparametrize 41 4,914 to encode information

for P

i Up IR o reparametrization function

7 forP

j
psit J fp left



Thermodynamic formalism

Define

mItersectionmmber
Il Po Pi m So

p
fp dm

where M is a prob measure on Uphill

Define

m midinterstionnumber Jello Pi m ftp.t I'la p my

key BCS

ga p p mop 21 I

Also e holds Ifor 18,18 P P CA
Rigidity inHues
result

For us sup ftp pl m 3 ftp.f.mg 1

m

sup Tipo Pi Er sup
Sfp dfg
UpPoe

r

sup Iif
Also

dencpo Pi o H D


